Introduction
In this paper, we will give examples of holomorphic functions in the unit disc having singular connections between the growth of maximum modulus and angular ranges (Theorem A) as well as singular connections between the growth of spherical derivative and sequences of ^-points (Theorem B).
Notation and preliminaries
In the following, we denote the unit disc {z: \z\ < 1} by D, the unit circle {z: \z\ = 1} by C and the finite w-plane by W.
Let f(z) be holomorphic in D. The set of all values weW such that the equation f(z) = w has infinitely many solutions in a Stolz angle Δ(Q having the vertex at ζ e C is called the range of f(z) in J(ζ), and is denoted by # i(ζ) (/). The angular range A(f,Q of f(z) at ζe C is defined to be where the intersection is taken over all Stolz angle J(ζ) having the vertex at ζeC. Remark. This definition is equivalent to the usual definition of a sequence of ^-points (e.g., see ([3] , pp. 279)). This is evident from the fact: Let z' be a point in D and e be a number satisfying 0 < ε < ^. Then, we have
Here, we shall give the proof of this fact. Consider the linear transformation z = (ί + z')/(l + ?•*) from \t\ < 1 to \z\ < 1. Then, since D*(z',ε) is the image of the set {t: |ί| < ε} by z = (t + zO/Q-+ ?•*), any «, zeD*(z',ε), satisfies the inequality
From these inequalities, (1.1) immediately follows.
In the following, we denote the maximum modulus of fiz) by M(r 9 f), M(r,f) = max l2 | =r \f(z)\, and the spherical derivative of f(z) by /*(«), 
Statements of results

A. Maximum modulus and angular ranges
THEOREM B. There exists a function f(z), holomorphic in D, such that (1 -\z\)f*(z) tends to infinity as slowly as one wishes, with the property: For every ζ e C, every chord terminating at ζ contains a sequence of p-points for f(z).
Proof of Theorem A
The proof of this Theorem A bases on the following Lemma 1 and Lemma 2 which will be proved later. Then, the function
is holomorphic in D and has the property: For every ζeC, Λ(f, ζ) = W. Now, we need the following Lemma 3 which will be verified later. 
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and choose k so that Here, we need the following Lemma whose proof will be given later. LEMMA ) .
This function f(z) in (3.2) has the property: For any
Now, from this Lemma 4 and (f), we have
M(r,f) ^ M( Pk+1 ) ^ exp (^ + n 2
Thus, we obtain the conclusion of Lemma 2. For an arbitrary integer k ^> 1, consider the annulus
Proof of Lemma
nd decompose the product (3.1) into four subproducts Pt(z) (i = 1,2,3,4) composed, respectively, of the factors corresponding to 1 <£ j <; k -1, ,(2fc -l)n fc -1) from Z), attains its minimum at some point η on the circumference of one of these disc. Hence, we have .
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Hence, from the inequality Thus, the relations (3.7), (3.9), (3.10), (3.11) and (3.12) yield
where c 3 is a positive constant, and this shows (3.6). Now, we proceed to the proof of Lemma 3. Since any circle {z:\z-z kyV \ = l/(2fc -ϊ) 2 n k } lies in G and f(z) has a zero only at z ktV in the disc {z:\z-z kfV \ < l/(2k -l) 2 n k ), the preliminary fact (3.6) and Rouche's theorem (e.g., see ([5] , pp. 254)) shows that any sequence {sQ, z' k e Z k , contains a subsequence {z kj } of {z k } such that the image by f(z) of the disc {z:\ z -z kj \ < l/(2kj -l) 2 n k } covers W with the possible exception of a set {w eW :χ(w,oo)<£j}.
Here, we can suppose that the subsequence {zf kJ } is chosen so that -I) 2 Hence, if we pay attention to the fact the image by f(z) of the disc D(s/ kJ ,εj) covers W with the possible exception of a set {w e W: χiw, oo) < e ό }. Thus, Lemma 3 is proved.
Proof of Lemma 4. Let k be an arbitrary positive integer. We decompose the product (3.2) into two subproducts I t (z) (ί -1,2) composed, respectively, of the factors corresponding to 1 ^ j ^ k + 1, j Ξ> k + 2, so that (3.13) f(z) = ft /,(«) . Hence, we have
Thus, we obtain the conclusion of Lemma 4 from (3.13), (3.14) and (3.15).
Proof of Theorem B
The proof of this Theorem B bases on Lemma 1 which was already proved and the following Lemma 5 which will be verified at the end of this proof of Theorem B. 
